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MODULES WITH DEDEKIND FINITE ENDOMORPHISM RINGS
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Abstract. This article is a survey of modules whose endomorphism rings are
Dedekind finite, Hopfian or co-Hopfian. We summarise the properties of such
modules and present unified proofs of known results and generalisations to new
structure theorems.

MSC 2010. 16S50, 16D80.

Key words. Dedekind finite, Hopfian, co-Hopfian, endomorphism ring.

REFERENCES

BAER, R., Groups without proper isomorphic quotient groups, Bull. Amer. Math. Soc.,
50 (1944), 267-278.

BAUMSLAG, G., On abelian hopfian groups, Math. Z., 78 (1962), 53-54.

BAumMmsLAG, G., Hopficity and Abelian Groups I. In: Topics in Abelian Groups, Scott,
Foresman and Co., 1963, pp. 331-335.

BeEAauMONT, R. A. and PIERCE, R. S., Isomorphic direct summands of abelian groups,
Math. Ann., 153 (1964), 21-37.

Conn, P. M., Universal Algebra, Harper and Row, New York, 1965.

CORNER, A. L. S., Every countable reduced torsion-free ring is an endomorphism ring,
Proc. London Math. Soc., 13 (1963), 687-710.

CORNER, A. L. S., Three examples of hopficity in torsion-free abelian groups, Acta
Math. Acad. Sci. Hungar., 16 (1965), 303-310.

Ducas, M. and GOBEL R., Endomorphism rings of separable torsion-free abelian groups,
Houston J. Math., 11 (1985), 471-483.

FaccHINI, A., Module Theory, Birkhéuser, Basel, 1998.

FucHs, L., Infinite Abelian Groups, I, II, Academic Press, New York-London, 1970,
1973.

FucHs, L. and GOBEL, R., Large superdecomposable E(R)-algebras, Fund. Math., 185
(2005), 71-82.

GOODEARL, K. R., Ring Theory: Nonsingular Rings and Modules, Marcel Dekker Inc.,
New York, 1976.

GOBEL, R. and TRLIFAJ, J., Approzimations and Endomorphism Algebras of Modules,
de Gruyter Expositions in Mathematics, 41, 2006.

Lam, T. Y., A First Course in Noncommutative Rings, Graduate Texts in Mathematics,
131, Springer-Verlag, New York, 1991.

Lam, T. Y. Lectures on Modules and Rings, Graduate Texts in Mathematics, 189,
Springer-Verlag, New York, 1999.

Lam, T. Y. Ezercises on Modules and Rings, Problem Books in Mathematics, Springer-
Verlag, New York, 2007.

VARADARAJAN, K., Hopfian and Co-Hopfian Objects, Publ. Mat., 36 (1992), 293-317.

S. Breaz is supported by the UEFISCSU-CNCSIS grant PN2CD-1D489.



Received September 24, 2009 “Babes-Bolyai” University
Accepted March 18, 2010 Faculty of Mathematics and Computer Science
Str. Mihail Kogalniceanu nr. 1
400084 Cluj-Napoca, Romania
E-mail: bodo@math.ubbcluj.ro
E-mail: calug2001@yahoo.com

The University of Western Australia
School of Mathematics and Statistics
6009 Nedlands, Australia
E-mail: schultz@maths.uwa.edu.au



