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THE FEKETE-SZEGŐ INEQUALITY FOR A SUBCLASS OF
ANALYTIC FUNCTIONS INVOLVING HADAMARD PRODUCT

HALIT ORHAN

Abstract. For 0 < α ≤ 1, 0 ≤ β ≤ λ ≤ 1, 0 ≤ δ < 1, 0 ≤ ν < 1 and ρ > 0, let
<(Φ, Ψ; λ, β, α, δ, ν, ρ) be the class of analytic functions defined in the open unit
disk E by∣∣∣∣arg

(
λβz3f ′′′(z) + (2λβ + λ− β)z2f ′′(z) + zf ′(z)

λβz2g′′(z) + (λ− β)zg′(z) + (1− λ + β)f(z)
− δ

)∣∣∣∣ <
πα

2
, (z ∈ E)

where g(z) = z + b2z
2 + b3z

3 + . . . is analytic function on E and satisfies∣∣∣∣arg

(
g(z) ∗ Φ(z)

g(z) ∗Ψ(z)
− ν

)∣∣∣∣ <
πρ

2
, (z ∈ E)

for some Φ(z) = z +
∑∞

n=2 Υnzn and Ψ(z) = z +
∑∞

n=2 γnzn analytic in E
such that g(z) ∗ Ψ(z) 6= 0, Υn ≥ 0, γn ≥ 0 and Υn > γn(n ≥ 2). For f ∈
<(Φ, Ψ; λ, β, α, δ, ν, ρ) and given by f(z) = z + a2z

2 + a3z
3 + · · · , a sharp upper

bound is obtained for functional
∣∣a3 − µa2

2

∣∣ when µ ≥ 1.
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Math. Jour., 3 (2003), 1289–1295.

[11] Goel, R. M. and Mehrok, B. S., A coefficient inequality for certain classes of analytic
functions, Tamkang J. Math., 22 (1991), 153–163.



[12] Jahangiri, M., A coefficient inequality for a class of close-to-convex functions, Math.
Japon., 41 (1995), 557–559.

[13] Kaplan, W., Close-to-convex schlicht functions, Michigan Math. J., 1 (1952), 169–185.
[14] Keogh, F. R. and Merkes, E.P., A coefficient inequality for certain classes of analytic

functions, Proc. Amer. Math. Soc., 20 (1969), 8–12.
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