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411 over this paper "group" meens abelian group. For a group A4,
T{4) denotes the torsion part, 4 is mixed if O £ A # T(A) and 4
is splitting if T(A) is & direct summand of A, If A is e non-
-splitting mixed group, A cannot bs recaptured from T(4) and
A/T(A). .

We recall the following notion: if B and C are subgroups of
a group A, C is called B-high (or a pseudocomplement of B) if C
ig meximel with the property BNC = G. This notion generalizes the
direct sum {if 4 = BC +then ¢ dis B-high and B is C-high, =so
that B and C are mutually kigh).

In a {(non-splitting mixed) group 4 we consider T(A)-high
subgroups. All these are torsion-free (maximal smong the torsion-free
subgroups) and generally form an infinite set. We call them forsion-
-free components.

The torsion-free components are neast subgroups, none of them
being pure if the group is e pon~splitting mixed ome. Their ranks
are all equal %o the torsion-free rank of the group. If 4 is mixed
the set of the torsion-free components ig infinite. The sum of all
these components is the whole group and their intersection is zero.

The torsion part 7T(A) and the torsion-free componenta are
nglose" enough: if F is e torsion-free components, by definition
P iz T{A)-high but in this case T(A} is also F-high.

The author studies now the following problems: characterize
the non-splitting mixed groups which heve a2 free component;
characterize the non-splitiing mixed groups A which have iwe
‘compenents of sum 4.

In 2 non-splitting mized group one itries to make some "order”
in the infinite set of all %the torsion~-free components. A subgroup
F iz such = compenent 12F F is torsion-free, neet and A/F dis
torsicn. So, one considers the set -“ of 8l1 the subgroups U of
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roup 4 such thet A/U 4is $orsion. In this way, we reach the
gecond ect.
Ty + T is = filter in the lzttiece L{i) or all the
subgroups of 2 g L and so it defines a linesr topology om 4
which we cell th -topolegy of 4.
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nis is a functorial topology (i.s. defines a functor from - Ab

i.e. group morphisms are continuous in the || -topolozy)

and an ideal one (avery epimorphism is open). This topology has the

followin

g properties (according to my Imowledge this fopology was

not studied):
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The WT =topology is Eausdorf; for torsion groups thig is the
discrete topology.

The WT.ﬂtcpology containes 21l the sssential subgroups of 4
(B is essentiml in A 4iff B5{A) B and A/B is torsion;
S{A) denctes the socle of the group A4).

In the “ -topology of a group 4 the only dense subgroup is
A, ‘ _

A subgroup B of 4 is called Tfuccncordant if the
Tr-topology of B 13 equal to the relative IT -topology of
B 4n A, Then, B is || -concordent in A iff A/B is
torgion.

The functor defined by TY commutes with direct sums.

Every mixed group is complete in his 11--topology.

The -ﬂ-—topology iz not completable (see Z and his
completion e Jp)'

finally rscord another open problems:
characterize the torsion-free groups which are completie
in their [ -topology.

: which subgroups are closed in the TT -topolegy of a group?
: characterize the groupa in which the J -adic topology

and the || ~topology are equal (e.g. /[ » the integers).
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