A proof for
Proposition 1 Any regular UU ring is reduced.

exists in [1], Theorem 4.1, as (5) = (6) = (3)) but it is rather complicated:
if the ring R is not reduced , then there exists a corner eRe which is isomorphic
to some matrix ring (by an old result of Levitzki, see [2], Th. 2.1), but eRe is
UU while no matrix ring is UU, a contradiction.

Question. Find a direct (elementary) proof for the proposition above.
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